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要　　旨

Abstract

自動車の低燃費化と静粛性向上に向けた軽量・
低騒音化と開発期間短縮のニーズに対応するた
め，バーチャル試作のCAEツールとして，エンジ
ンの振動予測手法の開発が望まれている。エンジ
ン振動予測に関する従来の研究対象は，シリンダ
ブロック放射音など高周波域の弾性振動と，アイ
ドル振動など低周波域の機構的な剛体運動に分類
される。しかしながら，近年の更なる静粛化要求
に伴い，従来手法では解析困難な中周波域の機構
運動と弾性振動の連成挙動が問題になってきた。
本研究では，機構運動と弾性振動の連成挙動を

高速・高精度に計算する新たな解析理論を考案
し，機構運動と弾性振動の連成挙動を含んで全周
波数域のエンジン振動が予測できるソフトEVAS
を開発した。EVASでは，局所観測座標系を導入
することにより，物体の機構運動と弾性振動をモ
ード座標で統一的に表現し，従来の解析理論より
運動方程式を大幅に簡素化した。また，すべり軸
受など構成要素間のジョイントを模擬するため，
ジョイントの種類に応じた汎用の力要素を作成
し，任意のエンジン形式に対応できるようにした。

Calculational methods to predict the vibration
of an internal combustion engine have become
more important as demands for matching the
lighter weight of automobiles with low vibration
levels and for reducing the development period
have been increasing. The former studies of
engine vibration are categorized into two groups.
One deals with structural vibration (elastic
vibration) in relatively higher frequencies.  The
other deals with kinematic vibration (rigid body
motion) in low frequencies.  Recently, it is
becoming more important to analyze structural
and kinematic coupled vibration in middle range
frequencies.  In this study, we developed an

engine vibration analysis system (EVAS) for a
computer aided design software, which can
comprehensively analyze structural and kinematic
coupled vibration in a wide range.  A new
formulation using a local observer frame and
eigenmodes was proposed to efficiently calculate
the structural and kinematic coupled vibration of
the moving elastic body.  In addition, some types
of force elements were developed to express the
transmitting force from a body to another body or
the boundary conditions.  The developed program
was applied to a real engine model and verified
by experiment under running conditions.
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1.  Introduction 

As the demands for low fuel consumption in
automobile engines and the reduction of engine
development period increase, calculational methods
of engine vibration are becoming more important in
structural design to match lighter weight with lower
vibration.  Previous studies of engine vibration
analysis are categorized into two groups.  One deals
with structural vibration (elastic vibration) in
relatively higher frequencies. Generally, this is
calculated by a finite element analysis solver such as
NASTRAN 1) under the assumption that the
vibration is infinitesimal. In this case, the coupled
vibration between the crankshaft and cylinder block
through main bearings is analyzed using a rotational
coordinate system for the crankshaft and an inertial
coordinate system for the cylinder block 2, 3).  The
other deals with kinematic vibration (rigid body
motion) in very low frequencies, which is solved by
multibody dynamics theory using differential
algebraic equations (DAE) such as DADS 4).

On the other hand, to reduce the vibration in a
middle frequency range, it is also becoming more
important to analyze the structural and kinematic
coupled vibration.  In this frequency range, the
crankshaft rotates with elastic vibration that includes
many torsional and bending modes.  The cylinder
block vibrates elastically with large rigid motion
caused by the combustion force of the cylinder and
the inertia force of the piston-conrod system. In
addition, as the vibration of the crankshaft is
transmitted to the cylinder block through the oil film
bearings, the nonlinear dynamic characteristics of
the oil film significantly influences the interaction
between the crankshaft and the cylinder block.

From these features, it is impossible to solve the
structural and kinematic coupled vibration by the
linear finite element analysis method.  On the other
hand, a multibody solver like DADS deals with
structural and kinematic coupled vibration by adding
the elastic mode to the rigid body.  However, this
method is not always practical because DAE
includes three kinds of coordinates (Cartesian
coordinates, Euler parameters and modal
parameters) 5) and many complicated coupling terms
are derived from the coupling between the rigid

body motion and the elastic vibration.  In addition,
the simple constraint equation of DAE, such as for a
revolutional joint, is not sufficient to express the
nonlinear characteristics of the oil film bearing.

From this background, in the former study 6) we
proposed a new formulation that is more practical
than DAE for the structural and kinematic coupled
vibration.  In this study, we developed the engine
vibration analysis system (EVAS) based on its
formulation for a computer aided design tool.  In
EVAS, the important engine components such as the
crankshaft and cylinder block are modeled by body
elements whose motion and vibration are solved by
its formulation.  In addition, several types of force
elements are introduced to express the boundary
conditions of each component and the interaction
between components.  The developed system was
applied to an inline 4-cylinder gasoline engine and
verified by experiment under running conditions.

2.  Outline of Engine Vibration Analysis System
(EVAS) 

Figure 1 shows the system schematic of the inline
4-cylinder engine as shown in Fig. 2.  The system is
composed of body elements and force elements.
The body element is expressed by a finite element
model and is used for the moving elastic body such
as a crankshaft and a cylinder block.  The force
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elements express the boundary condition of body
elements and the interaction between body elements.
According to the connecting condition and function,
the force elements are categorized as piston-conrod
element, journal bearing element, motor element,
engine mount element, thrust bearing element and
belt element.

3.  Formulation of EVAS

3. 1  Body element
The motion and vibration of a body element are

calculated by the equation of motion formulated
using a local observer frame (LOF) and both rigid and
elastic modes of the body. The equations of motion
are written by modal coordinate qk as follows.

⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅(1)

Refer to the former report 6) for details about the
derivation of Eq.(1) and the LOF.  In Eq.(1), a is the
acceleration of the LOF, is the skew-symmetric
matrix of the angular velocity ω , α is the angular
acceleration (= ), and A is the direction cosine
matrix.  The eigenvalue λk and the eigenvector φik of
the body are obtained by modal analysis of a finite
element solver.  The modal proportional viscous
damping coefficient ck is estimated by experimental
modal analysis. Eq.(1) is calculated by time
integration method, as mentioned later.
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The LOF observes the motion of the body locally
while being located in the vicinity of the body, as
shown in Fig. 3.  At each time step in the calculation,
the LOF is updated appropriately so that the modal
coordinate qk should be infinitesimal in Eq.(1).  In
Fig. 2, the LOF for the crankshaft is coordinate [1],
and that of the cylinder block is coordinate [2].
Though the LOF can be set at the arbitrary position
of the body element, for a rotating body such as a
crankshaft the LOF should be attached to the
rotating axis for simplification of the calculation. 

3. 2  Force element
The force elements acquire the state values such as

displacement and velocity of body elements at each
time step, and calculate the force Fi in Eq.(1) using
the state values.  The calculated force is given to the
body elements.  The calculational method differs
depending on the kind of force element. 

Figure 4 shows a piston-conrod element.  This
element generates the combustion force Fc , the
piston side force Fs , the friction force Ff between a
piston and cylinder, and the crankpin input force Fpy

and Fpz according to the crank angle θ.  The
combustion force Fc is calculated by the measured or
predicted cylinder gas pressure.  From the
combustion force, other forces are calculated by
kinematic method.  For example, the piston side force
Fs is calculated by the following equation using the
piston mass mp and the equivalent reciprocating
mass m1 of the conrod.
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⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅(2)
Figure 5 and Figure 6 show the journal bearing

element.  This element generates the oil film force
Fb and moment Mb from the eccentricity e of the
journal center, the eccentricity velocity , the
attitude angle γ and the attitude angular velocity 
based on hydrodynamic lubrication theory. The oil
film pressure p is approximately calculated using the
next equation from Reynold's equation 7).

γ
e

Fs = - Fc - Rθ 2
mp+m1  cos θ + R

L
 cos 2θ  tan φ

⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅(3)
where η is the viscosity coefficient of the oil, is
the radial clearance when the journal center is at the
bearing center, h is the radial clearance when the
journal center is eccentric, and is the spin angular
velocity of the journal.  The oil film force Fbx and
Fby are calculated by the integration of Eq.(3) in the
bearing surface where the pressure p becomes
positive.  In addition, two journal elements are
arranged as shown in Fig. 6 to express the moment
Mb by the force Fb1 and Fb2.

Figure 7 shows the motor element which
simulates the power transmission from the
dynamometer to the clutch in engine bench tests.
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Disk 1 is a rotational driver and it rotates as

⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅(4)

where ω is the angular velocity of disk 1, and θ0 is
the initial phase.  Disk 2 expresses the clutch.  The
torque Tr acting on the clutch is calculated by the
rotational spring coefficient Kr and damping
coefficient Cr which simulate a torsional clutch
spring as follows.

⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅⋅(5)

The engine mount element expresses the support
force of engine mounts.  The thrust bearing element
expresses the constraint of the crankshaft in the axial
direction.  These elements are composed of a
nonlinear spring and damper.

The belt element expresses the timing belt which
connects a crank pulley and accessory pulleys as
shown in Fig. 8.  Here, the forces FB1, FB2, FB3, FB4

acting on each pulley center are calculated on the
assumption that the belt tension TB is constant.

4.  Numerical calculation of EVAS

In EVAS, the vibration response of the engine
system is calculated by a time integration method.
Figure 9 shows the entire flow of the calculation.

In Step <1> in Fig. 9, the eigenvalue λ j and
eigenvector φij , calculated beforehand by a finite
element solver, are set to the body elements.  In Step
<2>, the time is set up in the start time sT and the

T = -Kr θ2 - θ1  - Cr θ2 - θ1

θ1 = ω t + θ0

body elements, and the force elements are set to the
initial condition.

Steps <3> to <6> are the procedure series for
calculating the response at the time t.  In Step <3>
the forces determined explicitly by the function of
time are calculated, such as the combustion force Fc

and the crankpin input Fpy and Fpz .  In Step <4>, the
response of each body element is calculated
according to the acting force.  In Step <5>, each
force element acquires the state values of the body
elements and calculates provisionally the unknown
forces such as the journal bearing force Fby and Fbz ,
the driving torque Tr of the motor element and the
support force of the mount element.  The time
integration of Step <4> is performed by a linear
acceleration method.  The convergence calculation is
carried out by the numerical feedback loop from
steps <4> to <6> as the balance error of Eq.(1)
becomes 0.1% or less at the time t.  If the calculation
converges, the time t is advanced dt and the step
returns to <3>.  Below, steps <3> to <7> are repeated
to the end time eT.

5.  Results of calculation and experimental
verification

The exercise calculations for experimental
verification were performed on an in-line 4-cylinder
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diesel engine (4100cc).  The running condition was
3000rpm full load.  Figure 10 shows the measured
cylinder gas pressure used for the calculation.  The 6
rigid modes and elastic modes below 2.5 kHz were
used for the body element of the crankshaft and
cylinder block.  The crankshaft had 42 elastic modes
and the cylinder block had 38 elastic modes.

The main bearing load was measured to verify the
calculational results.  The main bearing load
corresponds to the oil film force of the journal
bearing elements.  It is influenced by the structural
and kinematic coupled vibration, and is the main
excitation force of the cylinder block.  Therefore, it
is an important factor in the structural design for
reducing the cylinder block vibration.  Figure 11
shows the measurement method of the main bearing

load.  The main bearing load under running
conditions was estimated from the strain distribution
around the main bearing.  The relation matrix
between the strain and bearing load was measured
by static force tests beforehand.  Refer to the former
report 8) for details of the measurement method.

Figure 12 and Figure 13 show the time history and
frequency spectrum of the main bearing load.  Case 1
is the calculational result for when the cylinder
block is softly supported by a rubber mount, as with
a real engine system.  Case 2 is the calculational
results for when the cylinder block is rigidly
supported on the ground.  It seems that the results of
Case 1, Case 2 and the experiment agree with each
other in Fig. 12.  However, in the frequency analysis
results of Fig. 13, a large difference appears in the 2nd
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rotating order component, and Case 1 corresponds to
the experiment results better than Case 2.

The difference in Fig. 13 is due to the rigid motion
of the whole engine.  In the in-line 4-cylinder engine,
the large rigid motions of the whole engine in the
vertical and rolling direction occur with the 2nd
rotating order due to the kinematic imbalance force
of the piston-conrod system.  This rigid motion
influences the main bearing load.  In Case 2, this
influence was not considered because the rigid
motion was fixed by the boundary condition.  From
these results, it was found that the coupling analysis
of structural vibration and kinematic motion developed
in this study was necessary to precisely predict the
vibration transmission in the engine.

6.  Conclusion

The engine vibration analysis system (EVAS) was
developed by using the former proposed formulation
for the moving flexible body and by introducing
several kinds of force elements to express the
boundary condition and interaction of the bodies.
As the results of the experimental verification with
the in-line 4-cylinder engine, it was found that
EVAS could precisely predict the structural and
kinematic coupled vibration.  The influence of the
rigid motion of the whole engine on the main
bearing load was clarified.  In addition, we also
mention that the vibration of the cylinder block and
mount was verified by the experiments on several
kinds of engines.  This system has already been used
for the structural design modification of new types
of engines in the TOYOTA Engine CAE system.
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